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Abstract: A hypothesis was tested and validated for predicting the vortex strength induced by a vortex
generator in wall-bounded flow by combining the knowledge of the Vortex Generator (VG) geometry
and the approaching boundary layer velocity distribution. In this paper, the spanwise distribution of
bound circulation on a vortex generator was computed by integrating the pressure force along the VG
height, calculated using Computational Fluid Dynamics (CFD). It was then assumed that all this bound
circulation was shed into a wake to fulfill Helmholtz’s theorem which then curls up into one primary tip
vortex. To validate this, the trailed circulation estimated from the distribution of the bound circulation
was compared to the one in the wake behind the vortex generator, determined directly from the wake
velocities at some downstream distance. In practical situations, the pressure distribution on a vane is
unknown and consequently other estimates of the spanwise force distribution on a VG must instead be
applied, such as using 2D airfoil data corresponding to the VG geometry at each wall-normal distance.
Such models have previously been proposed and used as an engineering tool to aid preliminary VG
design. Therefore, it is not the purpose of this paper to refine such engineering models, but rather to
validate their assumptions, such as applying a lifting line model on a VG that has a very low aspect ratio
and is placed in a wall boundary layer. Herein, high Reynolds number boundary layer measurements
of VG-induced flow were used to validate the Reynolds-Averaged Navier–Stokes (RANS) model
circulation results, which were used for further illustration and validation of the hypothesis.
Keywords: vortex generators; turbulent boundary layer flow control; bound circulation;
trailed circulation
1. Introduction
Vortex generators (VGs), as first described by Taylor in the late 1940s [1–3], were originally used to
suppress flow separation in diffusors but are today commonly used aerodynamic devices in wind turbine
blades, mainly to delay separation at high angles of attack. This increases the maximum lift coefficient
and, thus, reduces the necessary chord for the same lift, resulting in more slender and cost-effective
blades [4]. VGs are also common in heat exchangers [5], solar receivers [6], thermoelectric power
generators [7], and even in microchannels with nanofluids [8], to name a few examples.
VGs in principle consist of small vanes, typically with a triangular or rectangular geometry.
They are mounted in the boundary layer with an angle of incidence to the incoming flow that creates
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vortices behind the VGs causing momentum exchange between the region near the wall and the outer
parts of the boundary layer [1–3]. Therefore, the boundary layer becomes more resistant to flow
reversal in adverse pressure gradients.
The flow behind VGs was investigated experimentally using Particle Image Velocimetry (PIV),
in Velte et al. [9] and it was shown that the generated primary vortices possess helical symmetry
within a specific range of device angles. Many engineering-based models have been proposed over
the years for predicting the primary (tip) vortex circulation, see e.g., [10–15]. The models are typically
of a design where the circulation would be proportional to the product between the vortex generator
height and the average streamwise velocity at the upper tip of the vortex generator. However, these
kinds of models typically do not take the variable vortex generator geometry and boundary layer
profile into consideration. Furthermore, it has been observed that the occurrence of secondary vortices
(from spanwise boundary layer separation and the roll-up effect around the vane base) can substantially
affect the circulation of the primary vortex [16]. A more correct manner to obtain the true primary
vortex strength (circulation) is, thus, hypothesized to be possible through the integration of the bound
vorticity, which was previously tested in [17].
Further, the generated flow can be investigated through the use of Computational Fluid Dynamics
modeling. A widely used method is the so-called BAY model [18], where body forces acting on the air
near the VGs are specified to induce a realistic flow-field. However, a numerical model that directly
resolves the VG geometry should be more accurate, since no prior assumptions on the body forces are
required, for example, as has been done in [19], and the results have shown some success compared to
both experiments and the BAY model.
In the current work, CFD simulations were performed on a spanwise row of rectangular
and triangular VGs. The objective was to test the hypothesis that the strength of the produced vortex
responsible for the mixing, quantified as the circulation, Γ, could be calculated from the distribution
of the bound circulation along the span of the VG. The local bound circulation was determined from
the local sectional lift. The circulation of the streamwise vortex could also be directly computed from
the flow-field behind the VG with the direct use of its definition and with the use of the Lamb–Oseen
Vortex (LOV). This was then compared to the one estimated from the bound circulation distribution
and if this hypothesis was valid, then it would be possible to use this information in preliminary
VG designs.
2. Methods
2.1. Experimental Setup
The measurements were carried out in the high Reynolds number wind tunnel in the Laboratoire
de Mécanique des Fluides de Lille (LMFL) wind tunnel facility, see Figure 1. This wind tunnel was
designed to generate a fully developed turbulent boundary layer with a thickness of δ = 30 cm inside
the 20 m long test section. The resulting Reynolds number based on the momentum thickness was
17,000. The large dimensions of the boundary layer allowed for a high effective resolution of the studied
flow scales, as well as matching of the Reynolds number to that of VG generated flows on actual wind
turbine blades, Reh = U∞h/ν = 8.5 ms−1 × 0.06 m/15 × 10−6 m2s−1 = 34,000, where U∞ = 8.5 ms−1 was
the freestream velocity and h = 0.06 m was the VG height.
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Passive VGs of triangular and rectangular shape, respectively, were introduced into the 
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l = 2h = 120 mm and were mounted with an angle of incidence of 18° to the incoming mean flow 
direction. A top-view of the configuration is illustrated in Figure 2, where L = 2.5h is the distance 
between the trailing edges in a VG pair and λ = 6h is the spanwise period. This geometric setting that 
produced counter-rotating vortices was identical for the triangular and rectangular VG experiment 
configurations. 
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Figure 1. A sketch of the Laboratoire de écanique des Fluides de Lille (L FL) ind tunnel (figure
originally extracted from http://lml.univ-lille1.fr/?page=144 enu_curr_set=144).
Passive VGs of triangular and rectangular shape, respectively, were introduced into the boundary
layer at a stage where the boundary layer of 30 cm thickness only developed at a rate of 1 mm per meter,
in the downstream direction. Both VG geometries were of height h = 60 mm and length l = 2h = 120 mm
and were mounted with an angle of incidence of 18◦ to the incoming mean flow direction. A top-view
of the configuration is illustrated in Figure 2, where L = 2.5h is the distance between the trailing edges
in a VG pair and λ = 6h is the spanwise period. This geometric setting that produced counter-rotating
vortices was identical for the triangular and rectangular VG experime t configurations.
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Figure 2. Top-view of the configuration design showing the geometric parameters (top). A 3-D drawing
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The flow was imaged in a cross-plane using laser sheet illuminating smoke particles that could
faithfully trace the flow, see Figure 3. The laser used was a BMI YAG laser with dual cavities, producing
energies of 220 mJ per pulse at 12 Hz repetition frequency. The light sheet was introduced from above.
A mirror below the transparent bottom wall, where the VGs were mounted, was used to further utilize
the light intensity from the widely spread laser sheet. The beam waist was located approximately
at the wall, with a width of approximately 1 mm (measured from burning paper). Furthermore, the light
sheets of the two laser pulses were separated by approximately 1.5 mm in the downstream direction,
to increase the dynamic range of the measured velocities. The seeding consisted of polyethylene
glycol particles with a diameter of the order of 1 µm. This plane was located at variable distances x/h
downstream of the VGs. The setup also consisted of four Hamamatsu 2k × 2k pixel cameras equipped
with Nikkor 105 mm lenses at f# 5.6. The cameras were at a 45◦ angle to the light sheet and were,
therefore, also equipped with adjustable Scheimpflug mounts that were adjusted accordingly.
The cameras were arranged as two separate stereoscopic PIV setups, where each field of view
covered one pair of vortex generators and the fields were ensured to be slightly overlapping to be
able to merge the fields into a common wide field of view of about 72 × 28 cm2 (corresponding to
approximately 2.3 δ × δ) [20,21]. The cameras were placed outside the wind-tunnel.
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Figure 3. Schematic of the Stereoscopic Image Veloci etry setup.
To extract velocity fields from the images, the in-house PIV processing code of LMFL was
employed. The image processing was conducted over an interrogation area size of 24 × 32 pixels
with an overlap of 60%, where the non-uniform aspect ratio stemmed from the stretching of the field
from the camera perspective angle. In the processing, the self-correction of the calibration due to
misalignment between the calibration target and the light sheet was properly accounted for and was
self-corrected. The spacing between the interrogation areas after processing was 2 mm, corresponding
to 40 wall units. The accuracy of the resulting velocity measurements was thoroughly analyzed in [21],
yielding approximately 3% for y/δ larger than approximately 0.1 and not exceeding approximately 12%
in the near-wall region across all three velocity components.
An example of the ensemble averaged three-component velocity field measured downstream of
the triangular vanes can be seen in Figure 4.
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2.2. Numerical Model
Based on the experimental setup presented in [20,21], two RANS models and a Reynold stress model
that fully resolved the rectangular and triangular VGs geometries were developed, using the commercial
software STAR CM+ [22]. The geometry parts were created and assembled within the software
environment with the use of the integrated CAD tool. The authors’ previous experience on modeling
vortex generators with models of varying degrees of complexity motivated the inclusion of the Reynolds
stress model [23,24].
The tunnel free-stream velocity U was set to 8 m/s as the inlet condition. The distance between
the velocity inlet boundary condition and VG leading edges was set to 3.72 m. A parametric analysis
using various lengths was conducted for the selection of this value, ensuring a satisfying development of
the velocity profile and noting that the VGs were placed deeply inside the boundary layer. The distance
between the trailing edges and the rear downstream plane where a pressure outlet boundary condition
was applied, was set equal to 3.2 m. This distance was chosen so that the flow did not reverse on
the pressure outlet, as the flow in the wake was undisturbed. The distance between the symmetry plane
boundary conditions and the trailing edges was 0.075 m, i.e., half the distance between the trailing
edges of the middle VG pair (see Figure 2). The height of the computational domain was set equal
to 0.4 m. The VGs, as well as the horizontal plane where the vanes were mounted, were treated
as the wall boundaries.
The Turbulence Intensity was specified as 1% and the Turbulence Viscosity Ratio was equal
to 10. The mesh discretization was 11.3 × 106 and 8.2 × 106 polyhedral cells for the rectangular
and triangular set-ups, respectively. The polyhedral meshing option was chosen, since it provides
a detailed and balanced solution for complicated studies. Further, it requires lesser computational
power since it generates five times fewer cells than the equivalent tetrahedral. Another advantage was
that it does not require more surface preparation [22]. The characteristic dimension called the Base
size was set equal to 0.05 m for generating the mesh discretization of the overall domain. Specifically,
for the rectangular configuration, two relative sizes were chosen for refining the areas that required
a detailed resolution. A relative size was chosen for discretizing the region close to the VGs and a second
refined region was modeled for capturing the far wake region. A different approach was implemented
for discretizing the triangular geometry.
Only the area close to the VGs was refined, since the experimental data used for the validation of
the triangular model existed only for 12h downstream, in the planes of the VGs. For the rectangular
configuration, the validation sections were up to 50h downstream (i.e., further along the wake).
Twenty prism layers were attached near the boundaries for enhanced capturing of the boundary layer
development. An illustration of these layers implemented in the rectangular VGs can be seen in
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Figure 5 (top). The final mesh discretization of the rectangular VGs model can be seen in Figure 5
(bottom). An overview of the parameters used to generate the two grids is presented in Table 1 below.
Table 1. Parameters used for the mesh discretization of the rectangular and triangular VGs.
Polyhedral Mesh Rectangular Triangular
Base size [m] 0.05 0.05
Relative size close to VGs [%] 9
Relative size in the wake region [%] 11 -
Prism layer mesh ReD TrD
Number of prism layers 20 20
Prism layer stretching 1.5 1.5
Prism layer thickness [% of the base size] 5 5
Total amount of cells 11.3 × 106 8.2 × 106
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Due to the symmetry of the configuration, the downstream region behind the middle pair was
the only one refined in detail, as seen in Figure 5. This practice significantly reduced the computational
time and allowed to achieve the highest discretization in the confined area. A sensitivity analysis was
carried out for achieving the optimum quality of the mesh discretization, given the computational
resources. It was observed that the solutions remained almost unchanged when the discretization was
slightly improved by applying lower relative sizes, compared to the aforementioned. However, the main
reason for avoiding lower values compared to the values presented in Table 1 is the significant increase
in computational time
The three Transport Turbulence Models used to close the RANS equations were Reynolds-Stress,
k-ω SST, and Spalart–Allmaras. The solution converge criteria were set to 4000 iteration steps with
a tolerance limit equal to 1 × 10−6. The convergence of the solution was also verified by monitoring
the behavior of the residuals. For the rectangular configuration, the residuals reached the tolerance
limit and remained almost constant after the first 2000 iteration steps, while for the triangular set-up
1200 iteration steps were needed to meet the same limit.
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To validate the accuracy of the numerical models, the results were compared quantitatively with
the experimental results, using the circulation of the velocity fields as an indicator. For the y+ values
on the VG surface using the Reynolds Stress model, which was the one used for the final comparison,
the results varied between 3 and 10, lowest at the leading edge and increasing towards the trailing edge.
The circulation was estimated with the direct use of path integration (Equation (8)) and the Lamb-Oseen
Vortex (Equation (7)).
3. Estimating the Bound and Trailed Circulation from CFD
Even though the VG aspect ratio was low, it was still assumed that the flow was locally 2-D
with only a small spanwise component and thereby the bound circulation at a given height could be
estimated using the Kutta–Joukowski theorem from 2-D airfoil theory:
l(y) = ρux(y)Γb(y) (1)
where y is the normal distance from the root of the VG, ρ is the fluid density, and Γb(y) is the bound
circulation at each location. The bound circulation Γb(y), thus, varied with the VG geometry
and the incoming flow as a function of the wall-normal distance y. The velocity profile shown
in Figure 6 corresponds to the computed streamwise average velocity profile at 3h upstream i.e.,
x/h = −3h, where the flow was undisturbed by the vanes.
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Figure 6. i l i fil t , l urb le ce ( S )
turbulence odel.
First, the pressure load nor al to the VG surface [N/ ] was found by integrating the pressure
ju p at the height y from the leading edge, s = 0, to trailing edge, s = c(y), of the VG, as shown in
Figure 7.
fn(y) =
∫ s = c(y)
s = 0
∆p(s, y)ds (2)
Since the pressure force acted perpendicularly to the VG surface, the lift force was estimated by
project g this with the geometric pitch a gle, β, of the VG to the in oming flow, as
l(y) = fn(y)cosβ (3)
The trailed vortices fro this distribution of local lift would change the inflow, so that the angle
should ore accurately also be corrected with the induction, for example, as described in [25] for
the case of a wind turbine blade. A numerical test was made to estimate the influence of using the lift
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distribution calculated directly from Equation (3) on the inflow, which was then used as an angle when
projecting the pressure force to find a more accurate lift distribution. It was concluded that the effect
on the final bound circulation distribution was quite small when taking the cosine to the angle and,
therefore, only the geometric angle was used when estimating the lift distribution from the pressure
difference, across the vortex generator.Energies 2019, 12, x FOR PEER REVIEW 8 of 14 
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s = c(y) for d termining the load fn(y) [N/m] normal to the VGs surface.
The bound circulation can now be computed from Equation (1), as
Γb(y) =
l(y)
ρux(y)
(4)
To fulfill Helmholtz’s theorem, vortex filaments with strength equal to the gradient of the bound
circulation must be trailed from the trailing edge, as
dΓt = γ(y)dy (5)
where γ is the distribution of bound circulation. o ever, after so e short do nstrea distance,
these trailed vortices would curl up to one strong tip vortex with strength
Γt =
∫ h
hs
γ(y)dy =
∫ h
hs
dΓb(y) (6)
This was such that the strength of the trailed vortex simply became the integral of the bound circulation
from the some starting value, hs, to the tip y = h. If it had been a pure airplane wing, one should start
the integration at y = 0, but to avoid interference with the horizontal wall at y = 0, the starting value
was set to a fraction of the VG height and the value chosen was 0.2h. From quantitative estimation,
one can observe that the circulation for the innermost part of the VG did not contribute significantly
to the tip vortex. This can also be understood from the flow visualization presented in at the end of
the results section. To estimate the strength of the tip vortex from the computed flow in the wake of
the VGs, one could apply the best fit to a Lamb–Oseen Vortex (LOV) (in polar coordinates).
uθ(r) =
ΓLOV
2pir
(
1− exp
(
− r
2
ε2
))
(7)
where ε is a parameter that characterizes the radius of the vortex. This approach was first implemented
for vortex generators in [9] and later applie in the works of others, e.g., in [26]. An alternative
approach is to estimate the strength of the VG generated vortex by the path integral of the velocity
component in the tangential direction (in polar coordinates) as,
Γt =
2pi∫
0
uθrdθ (8)
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Two constraints are taken into account for choosing the most representative radius r.
First, the radius should be large enough to enclose all vorticity from one vortex and small enough to not
be influenced by the neighboring vortex. The hypothesis that the vortex strength can be estimated from
the distribution of bound circulation on the VG, as in Equation (6), could now be tested by comparing it
to the circulation behind the VG computed directly from the velocity in the vortex, using Equations (7)
and (8). If this hypothesis was valid, then one could estimate the expected strength from the boundary
profile, as the one shown in Figure 6, and by assuming some airfoil data Cl(α) for the profiles used on
the VG (often simply a thin flat plate), where the angle of attack was approximately the pitch angle β.
4. Results and Discussion
Figures 8 and 9 display the obtained circulation in the wake found from Equations (7) and (8),
for the rectangular and triangular VGs, respectively. Each subfigure of these two Figures compares
the experimental results to the CFD results from one of the applied turbulence models, on the (left)
Reynolds stress model, (middle) the k-ω SST, and (right) the Spalart–Allmaras model. The path
integrated circulation obtained from the experiments (o) and from the simulations (x) was also compared
to the LOV circulation estimate (+). The circulation was calculated in five and two downstream planes
for the rectangular (Figure 8) and triangular (Figure 9) configurations, respectively.
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The expe mentally determined circulation was computed from the (ensemble) averaged
measurements/simulat ons, so the meandering effects would impair t e resulting circulation, as can b
seen i the downstream development. The R ynolds Stress Turbulence (RST) mo el (Figure 8, eft)
provides the most satisfactory compar son between he experimental [20,21] and the numerical results,
using the STAR CCM+ model herein.
For the triangula VG geometry, the circulation is investigated in two downstream planes, as shown
in Figure 9, since the ensemble v raged vortex cores in this setting were not always ell distinguishabl
bey nd 12h after the VGs, du to mean ring [20,21]. For the first down tream plane, the triangular
geometry yield d a similar circulation, compared to the rectangular, while the RST turbulence
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model result was again the most accurate fit between the experimental and the numerical results.
A better agreement was expected for the RST model since it includes correlations (flow history effects)
and it is not based on an eddy viscosity model (e.g., the two-equation and other lower order models).
Furthermore, RST models can better capture the large-scale vortex motion through the inclusion of
the material derivative of the u′iu
′
j correlations and it does not impose local isotropy or eddy viscosity
in the same manner as lower order models [27,28]. The lower order models are widely known to not
be able to capture large scale gradients, including stagnation, separation, and rotation, which is in fact
the hallmark of the flows produced by VGs.
As expected, the circulation estimated by the LOV was lower compared to the one estimated by
the line integration, due to the inherent axi-symmetry of the LOV approach (see Figure 10).
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triangular VG, RST turbulence model.
Since the RST turbulence model provides the most accurate comparison between the experimental
and nu erical results for both geometries, it is used to validate the hypothesis for the estimati n of
the generated vortex strength from the spanwise distribution of bound circulati n. This distribution
along the VG height, obtained from the RST simulation, is depicted for both investigated geometries in
Figure 11. As expected, the bound circulation weakens from the root to the tip of the VG eight.
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However, significant differ nces in bound circulation distribution of the two tested geometries
can be observed. For the rectangular case ( i , t e bound circulation displays
an a proximately flat distribution within a height range of y/h = [0.2:0.8], f llowed by a sharp drop
due o the abrupt termination in VG geometry near the top. In the triangular VG case (Figure 11,
dashed curve), th slop d creases approximat ly linearly across the main part of the VG, which is
expected due to the linearly varying chord length with VG height. More careful inspectio rev als
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an inflection point (the curvature changes sign) at approximately y/h ≈ 0.6. This behavior is clearer
in the circulation of the trailed filaments, shown in Figure 12, which are estimated from the gradient
of the bound circulation. Here, the effect is instead manifested in a shift in the slope of the trailed
circulation at y/h ≈ 0.6.Energies 2019, 12, x FOR PEER REVIEW 11 of 14 
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Figure 12. Distr bution f the trailed circulat on along VGs height. Rectangular VG (left) and triangul r
VG (ri ht).
For the rectangular VGs (Figure 12, left), the trailed circulation is strongest near the tip since
the spanwise gradient is the highest. This indicates that the downstream vortex is mostly generated
near the tip of the vane. For the triangular VGs (Figure 12, right), the highest agnitude of the trailed
circulation is observed in the vicinity of the inflection point, while most of the vortex filaments
contribute to the circulation of the downstream vortex in contrast to the rectangular ones. This can be
explained by the fact that vorticity is accumulated along the entire inclined edge of the triangular vane
in order to form the vortex into the wake, as can be seen in Figure 13.
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triangular vortex generators, RST turbulence model.
The formation of the trailing vortex, thus, did not only occur near the tip, but in fact occurred
throughout the collection of the released trailing vortex filaments along the entire edge, and rolled
up to one strong vortex core, as seen in Figure 13 (right). This might also explain why the vortex
cores formed behind triangular VGs are sometimes significantly more distorted from axi-symmetry
than those ge erated from rectangular VGs (c.f. [9,24]). For the rectangular VGs, the su ation of
the circulation of the filaments between y = 0.2 h and the tip resulted in a numerical val e Γt/U·h = 0.65,
which was almost identical with the value obtained from the line integration and the LOV, see Figure 8.
The trailed circulation for the triangular VG from the integration of the bound circulation was equal to
Γt/U·h = 0.61 and was still quite close to the value of 0.55 estimated from the wake flow using LOV
and line integration, hich further supported the hypothesis.
5. Conclusions
In the current investigations, PIV measurements and RANS simulations were used to verify
the hypot esis that he stren th f the streamwis vortex behind a VG, which is responsible f r m xing
the boundary layer, could be found from the distribution of bound circulation, which in an engineering
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model could be estimated from 2-D airfoil data, assuming local 2-D flow at different heights from
the root of the VG. Such an approach has been suggested by Poole et al. [29], where they formally
applied a classical lifting line model to model the strength of the generated vortex from several VG
geometries, and compared this to the measurements by Wendt [30]. Depending on how the bound
circulation was estimated from airfoil theory, the errors varied between 5% to 25%. In this paper,
the bound circulation at various wall-normal distances along the VG was determined by CFD and not by
airfoil data. From this distribution, the trailed vortices were determined in the same way as in a classical
lifting line model and very good agreement with the values computed from the wake velocities was
found. Additionally, the trailed circulation from the CFD fit well with the experimentally obtained
trailed circulation and the trends were consistent for both the classical rectangular and triangular
VG shapes. All of this supported the idea of making an engineering approach that can estimate
the strength of the generated streamwise vortex, based on the upstream boundary layer profile
and the VG geometry, where the spanwise bound circulation is then determined from some assumed
2-D airfoil data, for the various profiles used along the VGs.
By knowing the circulation distribution on the VG one can, therefore, expect to quite accurately
estimate the strength of the trailed vortex. However, the purpose of this study was not to refine such
a model but to verify that the assumptions behind this approach were valid. It could even be possible
to implement higher order models of this kind, e.g., by considering time variations in the flow to
improve the prediction accuracy. Additionally, the spanwise distribution of the bound circulation was,
as expected, quite different when using a triangular shaped VG than that when using a rectangular VG
in the same boundary layer, resulting in a different vortex structure, as seen in Figures 12 and 13.
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VG Vortex Generator
RANS Reynolds-Averaged Navier–Stokes
LOV Lamb-Oseen Vortex
PIV Particle Image Velocimetry
RST Reynolds Stress Transport Turbulence Model
S-A Spalart–Allmaras Transport Turbulence Model
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